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What is a Weyl semimetal?

A	
  Weyl semimetal	
  is	
  three-­‐dimensional	
  analogue	
  of	
  graphene
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where "nk is the Berry curvature, and Ank is the Berry
connection. The anomalous Hall conductivity is given by
integrating the two-dimensional Chern number over kz,
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Z "=az

%"=az

dkz
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where az is a lattice constant. Figure 5 shows the numerically
obtained anomalous Hall conductivity !xy at T ¼ 0K as a
function of the concentration of doped magnetic impurities.
We see that the anomalous Hall conductivity is proportional
to the concentration of magnetic impurities when the
concentration is small. This behavior is due to the fact that
the two-dimensional Chern number is quantized in units of
e2=h between two Weyl points, and vanishes at other
momenta.6) Namely the anomalous Hall conductivity is
proportional to the momentum of the Weyl point kD which is
easily evaluated kD as kD ¼ &JMzx=A2az. This analytical
result also shows the anomalous Hall conductivity !xy ¼
JMz

A2az
x which is consistent with our numerical result. At the

concentration x ' 30%, anomalous Hall conductivity reaches
quantized value !xy ¼ e2=ðhazÞ. In this region, a conduction
band and a valence band are completely inverted by the
strong exchange interaction and no longer possess three-
dimensional massless Weyl fermions. This phase is under-
stood as the quantum anomalous Hall insulator phase.

In conclusion, we have estimated possible conditions for
realizing the Weyl semimetal phase by doping magnetic
impurities in Bi2Se3 family within the mean-field theory.
We found that ferromagnetic ordering in these materials is
seen below Tc ¼ 40K with magnetic impurity concentration
x ¼ 5% and m0 ¼ 0 eV which corresponds to the Dirac
semimetal in the undoped limit. This magnetic ordering is
introduced by the Van-Vleck paramagnetism, and thus the
critical temperature depends on the strength of the spin–orbit
interaction. We confirmed that the critical temperature
decreases with weakening the strength of the spin–orbit

interaction. As the exchange field increases, the conduction
band and the valence band invert. The Weyl semimetal phase
is realized as the gapless phase, as shown in Fig. 3.
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Fig. 5. (Color online) Anomalous Hall conductivity !xy as a function of
impurity concentration with a parameter m0 ¼ 0 eVat T ¼ 0K. Red triangles
show the simulation result and the black solid line is the analytical result,
!xy ¼ 2JMzx=A2az.

Fig. 4. (Color online) (Upper figure) Chemical potential dependence of
Curie temperature with m0 ¼ 0 eVand x ¼ 5%, 10%. (Lower figure) Density
of states with m0 ¼ 0 eV and x ¼ 5%.
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